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Abstract  

     In this paper we have studied a generalization of  a class of ( w-valent ) functions 

with two fixed points involving hypergeometric function with generalization  

integral operator . We obtain some results like, coefficient estimates and some 

theorems of this class. 
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لة الفهق الدا ةضطظالطتو  مع نقطتين ثابتتين w القيم من الصظف طتعددةمن الدوال العائلة حهل 
 الطهسع تكامليالطؤثر مع ال هظدسية 

 

2قاسم عبد الحطيد جاسم ،1*رافد حبيب بطي  
 ، الطثظى، العراقجامعة الطثظى ، كلية العلهم  ،قدم الرياضيات وتطبيقات الحاسهب 1

 ، بغداد، العراقجامعة بغداد  ،كلية العلهم ، قدم الرياضيات 2
 

 الخلاصة
 مع نقطتين ثابتتين w من الصظف  القيمطتعددة ال تعطيم لعائلة من الدوالفي هذا البحث نحن درسظا      

 تتخطين الطعاملابعض الظتائج كحصلظا غلى وقد هظدسية مع الطؤثر التكاملي الطهسع الفهق دالة  متضطظة
 . لتلك العائلة وبعض الظظريات 

 

1. Introduction: 

     Let  RZ  denoted by the class of w- valent functions defined by the following: 
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where );;,(12 vcbaF is defined by Gaussian hypergeometric function defined by  
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Definition 1: A function )(vf is given by (1) be in the class ),,.,,, (,   uRZ mw
 if and only if  

it the condition: 
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where 10,0,0,10,10,0,0,   Mum  , and  
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where 0,0,10,0,  r . 

if 1w , we have integral operator is introduced by H. J.Abdul Hussein and R.H.Buti[2]. 

So from (4) we get  
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     We note that, if )0,,1,0,,(),,,,,(  qrq  ,   )())(( )1()(
zfvfHR nnw  and 

1)2(),1(  www , we have a class studied by [3]. 

For a given real )10( 00  vv  .Let )1,0( iRZ wi
be a subclass of RZ satisfies the following  

conditions  
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0,   iRZuRZvuRZ wimwwi

m   . 

     Some another classes are by W.G.Atshan and S.R.Kulkarni [4,5], S.R.Kulkarni and Mrs. S.Joshi[6] 

, consisting of p-valent meromorphic and univalent meromorphic functions. So the hypergeometric 

function studied by another researcher R.Ezhilarasi, et.al.[7] and  Rabha et.al.[8,9] 

2. Coefficient Estimation  

In the next theorem, we obtain a coefficient estimation for the function to be in the class  

),,.,,, (,   uRZ mw
. 

Theorem 1:  A function )(zf defined by (1) be in the class ),,.,,, (,   uRZ mw
 if and only if  
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where 10,0,0,10,10,0,0,   Mum  . 

Proof: Let the inequality (6) holds true and 1v , we get  
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Hence by maximum modulus, )(zf belongs to the class ),,.,,, (,   uRZ mw
. 
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, then 
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1v  , we get  

q

wq

gqqqu 




)2)(1(
1

 q

wq

gqwq  




)2)((
1

  

)1()( Mm   . 

Then  

  )1)(()2)(()2)(1(
1

Mmgqwqquq q

wq

 




 . 

 The proof is completes. 
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3. Application Multiplier transformation and integral operator  

The multiplier transformation is defined as following  
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     The operator  ),( ydIw  was studied by W. G. Atshan and S.R.Kulkarni [10] and Tehrnchi [8] 

subclass of meromorphic univalent functions and so Cho , Kwon and Srivastava [1]. 

Now, the integral operator )(zG is defined by the following form: 

wydhhrh
z

wy
vG y

v

y



 

 ,)()( 1

0

.                                                                                       (13) 

And Nwvjmvvr q

q

wq

w  




,)(
1

, so from (13), we have  

q

q

wq

w vjwyqmvvG ),,()(
1

 




.                                                                                                  (14) 

And
qy

wy
wyq




 ),,( . 

So, from (12) and (14), we defined Hadamard product or (convolution) as the following  

 
q

qq

d

wq

w

w vjgwyq
yw

yq
mvvGvfydIvT ),,()())()(,()(

1













 





.                               (15) 

In the next theorem we show that the function )(vT is defined by (15) be in the class

),,.,,, (,   uRZ mw
. 

Theorem 4: Let )(vf and )(vr be in the class ),,.,,, (,   uRZ mw
. Then the function )(vT

defined by (15) be in the class ),,.,,, (,   uRZ mw
 if 1,1  wjd . 
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Proof: We have from (15)  

q

qq

d

wq

w

w vjgwyq
yw

yq
mvvGvfydIzT ),,()())()(,()(

1





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






 


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q

qq

d

wq

w vjg
qy
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yq
mv 




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






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


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






 



 1

. 

Now to show that ),,.,,, ()( ,    uRZvT mw
, we must to show that   

  )1)(()2)(()2)(1(

1

1

Mmjg
yw

yq
qwqquq qq

d

wq

 











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




  . 

Now,  

  qq

d

wq

jg
yw

yq
qwqquq

1

1

)2)(()2)(1(

















    

  )1)(()2)(()2)(1(
1

Mmgqwqquq q

wq

  




 . 

Hence ),,.,,, ()( ,    uRZvT mw
 

The proof is complete. 

In the, next theorem, we show that the integral operator )(vF defined by the form  

 0,
)(

)1()(
0









  du

u

uf
pvmvF

v

p
,                                                                      (16) 

be in the class ),,.,,, (,   uRZ mw
. 

Theorem 5: Let ),,.,,, ()( ,    uRZvf mw
. Then ),,.,,, ()( ,    uRZvF mw

if  

.0,
1

0 


 m
w

w
 

Proof: By virtue of (16) it follows from (1) that  

q

q

wq

w vgwqmvvF ),,()(
1

 




 ,   Where 
q

w
wq


 ),,(      .                                       (17) 

Now,  

  q

wq

gwqqwqquq 




),,()2)(()2)(1(
1

   

  q

wq

g
q

w
qwqquq 


 





)2)(()2)(1(
1

   

  q

wq

g
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w
qwqquq 




 



 1
)2)(()2)(1(

1

  . 

Since 1
1














w

w
, then  

  q

wq

g
w

w
qwqquq 




 



 1
)2)(()2)(1(

1

   

  )1)(()2)(()2)(1(
1

Mmgqwqquq q

wq

  




  

So ),,.,,, ()( ,    uRZvF mw
.  

The proof is complete. 
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